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(57) Abstract 

Three— dimensional reconstructions of tortuous vessels such 
as coronary arteries can be obtained by data fusion between biplane 
angiography and IVUS frames of a pullback sequence/ The 3D 
course of the tortuous vessel is first determined from the angiograms 
and then combined with the 2D representations legarding the 3D. 
course (e.g., segmented IVUS frames of pullback sequence) using 
a data fusion apparatus (200) and method. The determination of 
the 3D pullback path is represented by the external energy of the 
tortuous vessel and the internal energy of a line object such as a 
catheter. 
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APPARATUS AND METHOD FOR DETERMINING THREE- 
DIMENSIONAL REPRESENTATIONS OF TORTUOUS VESSELS 

R A rKfiKOT HMD OF Tlfflr TNVFNTION 

1. Field of the Invention 

5 The present invention is directed to an apparatus and method for three- 

dimensional reconstructions of jcbrtuous vessels, and in particular, to three-dimensional 
reconstructions of tortuous vessels suck as. coronaiy arteries generated from stacked 
intravascular ultra-sound (IVUS) ECG-gated segmented IVUS frames of a pullback 
sequence combined by daxa fusion with biplane angiography. 

1C 2. Background of the Related Art 

Selective coronary angiography is one related art catheter-based imaging, 
technique used for the diagnosis of coronary artery disease. Coronary contrast 
angiograms are X-ray projections of the contrast bolus inside the vessel lumen. 
. However, due to the projective nature of angiography, the cross-sectional shape of the 

15 lumen remains unknown. Moreover, plaque is visualized only indirectly as reduction 
of lumen diameter, and vessel wall as well as surrounding tissue (adventitia) are not 
imaged at all. Disadvantageously, even in two projections, the cross-sectional shape 
of the stenosis can be only roughly estimated. However,, biplane angiography allows 
for accurate reconstruction of the three<iimensional .(3D) course of the vessel 

2C centerline. 

Another related art imaging technique for qualitative and quantitative 
assessment of coronary arterial wall and plaque is intravascular ultrasound (IVUS) 
• using a catheter or the like. IVUS offers well-calibrated cross-sectional views of 
coronary morphology (i.e., lumen, plaque, tvall, adventitia). Amount and 
25 composition of plaque at local stenosis may be quantitatively analyzed through a 
catheter pullback and even small amounts of plaque a^e depicted in diffusely deceased 
arteries. Diisadvantageously, IVUS lacks information regarding the 3D vessel 
geometry. , 
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individual projections dan lead to line object reconstructions having a shape that 
cannot be physically achieved by the original line object. Thus, the related art 
apparatus and methods result in 3D reconstructions that cannot happen iii actuality 
(e.g.* including excessive bending* sharp corners, etc*). 

SUMMARY OF THF TNV'RNTION 

An object of the present invention is to solve at least the above-described 
problems and disadvantages of the prior art. 

Another object of the present invention is to provide an estimation of the 3D 
cehterline for the catheter by implementing Bezier curves to interpolating points 
between 2D cross-sections to yield 3D reconstruction. 

Another object of the present invention is to use a priori physical properties of 
line objects to increase reconstruction accuracy. 

Another, object of the present invention is to provide back projected 
angiographic information to achieve 3D reconstructions based on Une object physical 
properties. 

To achieve at least ;he above objects in whole or in part, an apparatus for 
determining three dimensional representations of a tortuous vessel according to the 
present invention includes an external information processing unit for receiving a first 
set of images of a line object in the tortuous vessel* determining external energy 
information of said first set of images and outputting the external energy information; 
ail internal information processing unit for receiving internal information related to 
the line object^ determining internal energy information of the line object and 
outputting the internal energy information; a 3D pullback path determination unit for 
receiving the external energy information and the internal energy information and 
determining a 3D pullback path; and a device for receiving the 3D. pullback path and 
for calculating three dimensional representations, of the tortuous vessel based on the 
3D pullback path. 
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Additional advantages, objects, and features of the invention will be set forth 
in part in the description which follows and in part will become apparent to those, 
having ordinary skill in the arc upon examination of the following or may be learned 
from practice of the invention. The objects and advantages of the invention may be 
realized and attained as particularly pointed out in the appended claims. 

BRIEF D R S CRTPTTON OF THF DRAwmr^ 
The invention will be described in detail with reference to the following 
drawings in which like reference numerals refer to like elements wherein: 

Figure 1 is a diagram showing a 3D reconstructions using segmented cross 
sections of an IVUS pullback sequence and a vessel centerline of the 3D coronary tree 
vessel segment reconstructed from a biplane contrast angiogram; 

Figure 2 is a diagram showing a preferred embodiment of ah apparatus for 
determining 3D representations of tortuous vessels according to the present invention; 
15 Figure 3 is a diagram showing a preferred embodiment of a method for 3D 

representations of tortuous coronary arteries according to the present invention; 

Figure 4 is a diagram showing a preferred embodiment of a method for 
performing a data fusion process according to the present invention; 

Figure 5 is a diagram showing a preferred embodiment of a method of direct 3D 
20 line object detection from projection images according to the present invention; 

Figure 6 is a diagram showing an exemplary (X-ray angiogram) projection . 

.image; 


Figures 7A-7B are diagrams respectively showing a catheter and a catheter in 
. a tortuous vessel; 

25 Figure 8 is a diagram showing representative heart motion; 

Figure 9 is a diagram showing tortuosity-induced catheter twist; 
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Figure 10 is a diagram showing a 3D reconstructed lumen ceriterline 
polygon; ■ - , 

Figure 11 is a diagram showing a series of Bezier curves; 

Figure 12 is a diagram showing helical vessel phantoms; 

Figure 13 is a diagram shpwing simulations for two helical pullbacks; 

Figure 14 is a diagram showing measured cathetler twist for two helical 
pullbacks; : : . . ... 

Figure 15 is a diagram showing a shaded surface representation of the twist 
of the catheter during pullback; 

. Figure 16 is a diagram showing a perspective view of angiograms and a 
reconstructed catheter centerline; and 

Figure 17 is a diagram showing of a piping assembly; 

DET AILED DESCR TPTTON OF PRFFFR R FD fmrodimfnt^ 
As shown in Figure 2, a preferred embodiment of an apparatus 200 for 
representing tortuous vessels includes a biplane angiographic unit 210^ an FVUS 
imaging unit 220, a data fusion unit 230, a display unit 240, a data storage device 250, 
a printer 260 and a line 6bject input unit 270, The biplane angiographic unit 210 
provides the angiograms of a designated tortuous vessel The biplane angiographic unit 
210 preferably includes; both a frOntal system 214 and a lateral systehi 216, each being 
the parallelogram type that can be rotated and angulated inside a gantry, as well as 
shifted independently inwards and outwards in a horizontal direction. Preferably, a 
prescribed distance between focal spot and isocenter can be adjusted and set. The . 
biplane angiographic unit 210 provides fluoroscopy plus simultaneous recording in a 
recording unit 212 such as biplane recording on cine fllni. 

The IVUS imaging unit 220 includes an IVUS catheter 222, a recording unit 224 
and a catheter driver. 226.. The TVUS catheter 222 is preferably a sheathed catheter 
having a transducer located proximal to the distal tip of the imaging core. The IVUS 
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images are recorded, for example, on VHS videotape with a rate of 30 frames/ s in the 
recording unit 224. 

As shown in Figure 2, the data fusion unit 230 is preferably implemented on a 
programmed general purpose computer or workstation, However, the data fusion 
5... unit ,230 can also be implemented on a. special purpose computer, a programmed 
microprocessor or microcontroller and peripheral integrated circuit elements, an ASIC 
or other integrated circuit, a hardwired electronic or logic circuit such as a discrete 
element circuit, a programmable logic, device such as a PLD, PLA, FGPA or P Ai, or 
the like. In general, any : device on which a finite state machine capable of 
10... impiementing the flowcharts shown in Figures 3-6 can be used to implement the data 
fusion unit 230. 

The display unit 240 is preferably a monitor or the like to display at least 
digitized visual and quantitative representations of the IVUS linages, angiograms and 
3D representations of a designated vessel respectively received from the IVUS. imaging 

15 unit 220, the biplane angiographic unit 210 and. the data fusion unit 230. The data, 
storage unit .250 can store data for the data fusion unit 230. The printer 260 is 
preferably coupled to at least the data fusion unit. The line object input unit 270 
allows the selection or input of features of a line object such as the IVUS catheter 222. 
Initially, the apparatus 200 obtains initial representations of the designated 

20 tortuous vesseL If required, the biplane angiographic unit 210 and the IVUS imaging 
unit 220 are calibrated during an initialization or setup. In initialization, an image 
geometry of the biplane X-ray gantry is actively calibrated with a calibration phantom 
prior to the examination. If the gantiy has moved during the study, the calibration 
phantom has to be imagined in each new setting and the imaging geometries are 

25 derived off-line. For automated registration and correction of geometric distortion in 
the angiograms, semi-transparent markers can be affixed to the input screens of both 
image intensifiers. The semi-transparencnris^ers can be-uised as-an-eight- points grid 
. as shown in Figure 1. .. 
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To acquire the initial representations of the designated tortuous vessel, the 
IVUS catheter 222 is positioned at the distal end point of the designated vessel. Shortly 
before the pullback, biplane X-ray imaging is started to allow visualization of both the 
IVUS catheter 222 and the opacified vessel lumen. The IVUS catheter 222 is 
withdrawn at a fixed speed of about 1 mrn/s with a pullback device such as the 
catheter driver 226. The catheter 222 uses an ultrasound beam to obtain and transmit 
preferably 30 images or frames/second. The five inch, seven inch or nine Inch, for 
example, setup is imaged with the biplane angiographic unit 2l0.until the tip of the 
IVUS catheter 222 starts moving (for the elimination of backlash). The biplane 
angiographic unit 210 preferably obtains, a final image when the IVUS catheter 222 
stops moving to determine, an endpoint of the pullback path/ The initial 
representations (e.g., angiograms and TVUS images are then transmitted to the data 
fusion unit 230 or stored for future use. 

The data fusion unit 230 preferably includes a controller 23 1, a data bus 232 a 
3D pullback path determination unit 233, an external information processing unit 234, 
a catheter twist determination unit 235, a Correlation unit 236, an interpolation unit 
237, ah internal information processing unit 238 and a phase correlation unit 239. The 
data bus 232 further preferably couples the elements of the apparatus 200 arid the 
elements of the data msiori unit 230; 

The controller 231 controls the operations of the data fusion unit 230. The 3D 
pullback path determination unit 233 then determines a 3D pullback path through the 
designated vessel. The pullback path can be determined from the IVUS catheter 222 
or center points, of the TVUS images. A centerline of the IVUS catheter 222 is 
preferably initially detected in a first biplane angiogram acquired after a transducer in 
the catheter 222 started to move backwards, A second biplane angiogram acquired 
after the catheter 222 stops moving can be used to determine an endpoint of the 
pullback path. If the IVUS catheter 222 is not present or not visible in the angiograms, 
both lumen borders aire detected simultaneously in the angiograms and the lumen 

8 


WO 99/13432 PCT/US98/17988 

ceinerlines are determined. The IVUS images are segmented automatically into lumen, 
plaque* vessel wall, and. adventitia in the IVUS imaging unit 220, or alternatively the 
unsegmehtedTVUS images can be transmitted to the data fusion unit 230 via the 
external information processing unit 234. ' 

, The 3-D pullback path, extermination unit 233 determines the pullback path of 
the IVUS. catheter (sensor), which can be derived from the centerlihe of either the 
IVUS catheter or the vessel lumen. Preferably, the pullback path is reconstructed 
using a 3D evaluation of external information such as the biplane; angiographic 
projections received from the external information processing unit 234 and the internal 
information such as the catheter 222 features received from the internal information 
processing unit 23.8. The resulting 3-D centerline polygon is smoothed and 
represented by a differentiable- sequence of three-point jBezier curves (Figure i 1), which 
allow an adjustable degree of accuracy. 

The line object input unit 270 can be used to enter the characteristics of a line 
object such as a catheter. The characteristics to be entered can include physical 
properties of the line object, which can then be used to determine a representation of 
its internal energy. The representation of the internal energy is preferably represented 
by a 3D curve or function. Thus, using a data entry method, a user can provide or be 
prompted for physical properties of the line object including modulus of elasticity, 
cross-sectional shape, diameter,: wall thickness (for a hollow or composite line object), 
stiffness* minimum bend radius and temperature. The line object input unit 270 or the 
data fusion .unit 230 could then determine a 3D. function representing the internal 
energy of the line object, which is used in determining the -3D pullback path by the 
internal energy processing unit 238 or the 3D pullback path determination unit 233. 

Following the 3D pullback path determination, the catheter twist determination 
unit 235. determines the tortubsity-induced twist of thelVUS catheter, which., is 
derived from the previously reconstructed~3-D pullback path using an initial sequential 
triangulation shown in Figure 10. The correlation determination unit 236 maps the 
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segmented IVUS slices perpendicular to the 3-D pullback path according to the 
pullback speed and the determined twist pattern. Selected IVUS shoes are rotationally 
adjusted using anatomic landmarks (e.g., vessel bifurcations) that are clearly discernible 
in both modalities. 

The interpolation unit 237 fills the gaps between adjacent IVUS slices by 
sweeping the slices along the Bezier curves and by interpolating the signatures of the 
lumen, plaque, and wall contours in a polar coordinate system. The internal 
information processing unit 238 receives the features of the line object or the 3D 
representation of the line object from the line object input unit 270 as was discussed 
above. • 

The phase correlation unit 239 preferably uses the heart beat (ECG) and/or the 
breathing cycle (obtained during the initial representations) to obtain a time period or 
heart phase of interest that ensures the images from the IVUS catheter 222 inside the 
designated vessel are obtained under consistent conditions. Thus,: the angiograms and 
IVUS images can be correlated With the EGG. However, the selected heart phase and 
the corresponding images can reduce the available IVUS. images from 30 frames 
second. 

A preferred embodiment of a method for 3D representations of tortuous 
coronary arteries is shown in Figure 3. The method shown in Figure 3, for example, 
can be performed by the apparatus in Figure 2. In Figure 3, after starting in step 300, 
the process proceeds to step 302 where ah initialization is performed. In the 
initialization, for example, a biplane angiographic unit is calibrated and a geometric 
correction is preferably performed. 

During calibration, the biplane X-ray gantries are adjusted to a common 
isocenter using a calibration object that must by projected to the center of both image 
intensifiers (signifiers by the grids). The distance between the X-ray sources and the 
image intensifiers are derived from the projected diameter of the calibration ball 
utilizing the known distance of the isocenter from the X-ray sources. The scale at the 
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imaging plane is indicated by the grid points in the geometrically corrected 
angiograms, the projection angles of the X-ray gantries are read out from the biplane 
angiographic Unit imaging system. 

During geometric correction a grid of eight equidistant metal markers is 
attached to the entrance screen of both the frontal and lateral image inrensifiers for 
automated registration and correction of geometric distortion. The markers preferably 
span a square with a predetermined side length that can have its centroid adjusted to 
the center of the image intensifier and its side being vertically aligned using a level. A 
biquadratic correction polynomial is derived fully-automaticalfy from the eight 
markers in the angiograms. ♦ 

From step 302, the process continues to Step 304. In step 304, image acquisition 
of the designated tortuous vessel is performed. During image acquisition, an IVUS 
pullback is acquired from the designated vessel. In the IVUS pullback, the F/US 
catheter is preferably pulled back at constant speed using a mechanical pullback device. 
If not already available, the designated vessel is additionally imaged with a biplane X- 
ray system, Iri step 304, the IVUS catheter is positioned at the distal end of a pullback 
path in the designated vessel and preferably a first and second set of concurrent lateral 
ind frontal biplane angiograms are recorded simultaneously on cine filhi. The first set 
of biplane angiograms is recorded to define an initial position of the IVUS catheter. 
The second set of biplane angiograms is recorded to define a final position of the IVUS 
catheter. The second set of biplane angiograms must be acquired at the same position 
of the cardiac cycle. If the pullback device however, provides a reliable distance 
measure, then the second set of biplane angiograms. Further, a diluted contrast agent 
can be injected into the - designated vessel prior to the biplane angioagrams. 
Angiograms and IVUS pullback images are digitized and transferred preferably to the 
data fusion unit 30 workstation or the like. From step 304, control continues to step 
306, • • 
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In step 306, a centerline of the vessel of interest is reconstructed. A 3D lumen 
centerline of the examiried vessel is semi-automatically reconstructed from a 
geometrically corrected biplane angiogram. From step 306, control continues to step 
308. 

In step 308, the acquired IVUS pullback images are automatically segmented 
into lumen* plaque, vessel wall and adventitia. From step 308, control continues to 
step 310. t 

In step 3 10, data fusion between the IVUS pullback images and the corrected 
biplane angiogram are performed by the data, fusion unit 230 Recording to the 
invention. Data fusion is described in detail below and in: "Geometrically Correct 
3-D Reconstruction of Goronafy Wall and Plaque: Combining Biplane Angiography 
and Intravascular Ultrasound," G. Prause et al. Gorif. Computers in Cardiology, Sep 
8-11, 1996; "Accurate 3-D Reconstruction of Tortuous Coronary Vessels Using 
Biplane Angiography and Intravascular Ultrasound," G. Prause et al, SPIE Cqnf. 
Medical Imaging, Feb 22-28, 1997; and "Towards a Geometrically : Correct 3-D 
Reconstruction of Tortuous Coronary Arteries Based 6ii Biplane Angiography and 
Intravascular Ultrasound," G. Prause et al., International Journal of Cardiac Imaging, 
No. 6, November/December , 1997 issue, the Contents of all of which are hereby 
incorporated by reference. Data fusion preferably includes at least the process steps 
of catheter detection in . 3D, reconstruction of the 3D pullback path, calculation of 
catheter twist, mapping, interpolation and rendering. The data fusion process step 310 
will be described in detail below with reference to Figure 4. From step 310, control 
continues to step 312. 

In step. 3 12, the 3D reconstructed designated vessel segment is visualized and 
quantitatively analyzed. From step 3 i2, control continues to step 314 where the 
process is completed. : As shown in Figure 3, only the image acquisition, process step 
304, is done simultaneously with the catherizatibn procedures dr cardiac interventions. 
All subsequent processing may be carried out independently at a later point in time. 
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Figure 4 shows a preferred embodiment of a method for performing the data 
fusion step 310. In Figure 4, the process begins in step 400, where control continues 
to step 402. In step 402, catheter detection in 3D is performed. In the 3D catheter 
detection, back projected angiographic information is used to construct a 3D cost 
volume. Within this volume, the image Core of the ultrasound catheter is detected as 
an optimal 3D spline curve considering imaging characteristics ahdphysical properties 
of the catheter. 

The back projected angiographic information includes, for example, physical 
properties of the line objects to be determined (e.g., the stiffness of the catheter, 
. maximum achievable bending radius, etc.), which was input to the data fusion unit 230 
using the line object input, unit 270 and processed by the internal information 
processing unit 238; The 3D reconstruction benefits, from the additional information 
because the internal information processing unit 238 processes the internal 
information relevant Only to the line object (here the Catheter 222) to determine 
together with the 3D pullback determination unit 233 only physically feasible 3D 
shapes of the reconstructed line objects in the catheter detection process. Previous 
catheter detection approaches did not consider such physical properties (internal 
information) and consequently often produced physically impossible catheter images. 

The projection X-ray images, used for biplane . coronary angiography and 
fluoroscopy represent integrals of signal attenuation on the paths from the X-ray 
source to the specific points in the projection image. An exemplary projection image 
being an X-ray angiogram is shown in Figure 1. Alternatively, the X-ray source can 
be any source creating a projection image or the 3D path may be known a priori. A 
3D path may be predetermined in the case of industrial applications using blueprints 
or the like. Using at least two projection images with known epipolar geometry, the 
3D line object is detected directly in the 3D data derived from the projection images. 
Further, the two projection images are not required to be orthogonal. Consequently, 
a 3D feasible object is determined directly in f ombined imaged data from projections 
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instead of determining 2D projections from 2D data and subsequently combining the 
two projections into a 3D object in which the physical feasible cannot be guaranteed. 
From step 402, control continues to step 404. 

Figure 5 shows a preferred embodiment of a method performed by the data 
fusion unit 230 including internal information processing unit 238, external 
iriformiation processing unit 234 and the 3D pullback path determination unit 233 for 
determining direct 3D line object detection from projection images according to the 
present invention. The preferred embodiment disclosed in Figure 5 can be used for 
the 3D catheter detection step 402. In Figure 5, the process begins in step 500, where 
control: continues to step 502. In step 502, the projection images and the physical 
properties of the line object are obtained from the line object input unit 270 and the 
internal information processing unit 238. From step 502; control continues to step 
504. In step 504, local cost values P(x,z), P(y,z) are derived from the 2D angiography 
images to reflect image properties of the line object to be determined using external 
information processing unit 234 arid the 3D pullback path determination unit 233. 
For example, if the line object in 2D image is known to be bright, the local 2D cost 
value may correspond to the local image brightness. Following this method* tlie more 
probable the image location, the lower the representation value (e.g., external energy 
or cost). The brighter pixels in the 2D angiography image will correspond to low local 
representation values. The choice of image properties to be used for local value 
determination depends oh image properties of the fine object in question and may 
include among others brightness, local edge magnitude, local edge direction, etc. The 
local representation values. P(x,z), Pfoz) are preferably organized in a form of a matrix 
Pi> ?n of the set of biplane X-ray pf ojectionai angiographic images. From step 504, 
control continues to step 506. 

In step : 506, an external energy 3D representation volume is constructed using 
projection geometry parameters of the angiographic biplane image acquisition system. 
The term external energy is used to indicate that the partial representations originate 
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in the image, not in the physical properties of the line object itself. Using the local 2D 
representation values, P(x,z), P(y,z), the 3D representation volume elements C(x,y,.z) 
are described as follows: 

C(x,y,z) - F[P(x,z), P(y,z)] 
where F[_] is a function .that combines grey level values of the two angiographic 
images according to the projectional geometry parameters of the actual biplane image 
acquisition setup. , In the simplest case of orthogonal projection and usirig same-size 
images, the 3D representations are described as* follows:' 

F[P(x,z);P(y,z)]- ((P( X ,z))(P(y,z)))/ 
Thus, in the orthogonal case , die two local 2D representations were combined by 
direct multiplication. In non-orthogonal cases, the function cart combine 
corresponding local representations according id previously determined epipolar 
geometry. Similarly, if images are not the same-size images, the representations can 
initially be scaled to z common image size. Many other operators and/or 
arrangements of operators combining the tow corresponding local representations can 
be used. The general case using the 2D representations matrices P„ P n can be expressed 
as follows: 

where G is an operator (arrangement of operators) combining the local representations 
and H is a function determining corresponding local representations according to the 
epipolar geometry. Thus, the 3D volume of external energy representations is 
determined in step 506. From step 506, control continues to step 508. 

In step 508, an iterative optimization process is started. Three-dimensional 
graph search based on 3D. dynamic programming determination, heuristic 3D graph 
search or similar global minimization (e.g., total energy, cost, etc) technique is used to 
determine the bptrinal location of the 3D line! object according to the current 3D 
volume values. Thus, the search space is represented by the 3D cost volume where 
the values of this volume represents external energy and a priori physical properties 
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of the line object represent the line object internal energy. From step 508, control 
continues to step 510. 

In step 510, a 3D curve representation (a Bezier curve, or the like): of the current 
3D line object is determined. The local internal energy representations of the current 
iteration along the 3D Bezier curve representation is determined considering the a 
priori known physical properties of the line object, which; can be entered using, for 
example, the line object input unit 270. The internal energy is determined locally 
along the line object (e.g., if the line object is known to be stiff, any sharp bending will 
result in locally high internal energy of the line object). An exemplary equation that 
describes the internal energy E ijit of a parametrically defined curve v(s) ~[x(s), y(s), 
z(s)i, where x,y,z are coordinates along the curve and s 6 [0, 1] follows: 

". Ejn, ^ a(s)|dy/ds| 2 +p(s)|dv 2 /ds 2 | 2 
where a(s), P(s) specify the elasticity and stiffness of the curve; From step 510, control 
continues to step 512. 

In step 512, the global and local internal energy of the currently determined 
line-object is assessed. If neither the. global, nor the local energies exceed- a prescribed 
threshold, the line object is considered final and control continues to step 516, 
Otherwise, control continues to step 514. In step 514, the current 3D representation 
volume (most recently determined) is modified to incorporate the local 3D internal 
energy representations. The modification increases the local 3D energy representation 
in neighborhoods of the current line object as a function of its Ideal internal energy. 
The rational is to force the shape of the 3D line object to find an optimal compromise 
location of the line object in 3D space that would both agree with the external 
representations (image data) and the internal representations (physical properties of the 
resulting line project). After the modification of the 3D volume, control returns from 
step 514 to step 508 > where another iterations of the optimization process is 
performed. In step 516, control returns to step 404.. 
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Thus, as shown in Figure 5, construction of a 3D cost volume from two (or 
more) projections and optimal detection of the 3D line object within the 3D cost 
volume are two key features in determining direct 3D line object detection from 
projection images. As a result of fully 3D optimal detection of line objects, the 
determined line objects satisfy their a priori physical properties and an increased final 
reconstruction accuracy can be achieved compared to previous two-dimensional 
approaches. ... 

Referring back to Figure 4, in step 404, reconstruction of 3D pullbaek path is 
performed. In reconstruction of the 3D pullbaek ^ path y stan:ing and end points of the 
10 puliback are respectively manually identified in initial and final geometrically 
corrected angiograms respectively based on the first and second angiograms. The 3D 
pullbaek path of the IVUS catheter is reconstructed from the biplane angiograms using 
a spline-based 3D minimization approach. During catherization, IVUS images are 
acquired perpendicular to and along the 3D puliback trajectory of the IVUS transducer 
15 (puliback path). Consequently^ the images must be mapped back perpendicular to the 
3D puliback path with the image centers (e.g., respective location of the transducer in 
th^ IVUS catheter) intersecting the puliback paths. To achieve a correct positioning 
and orientation of the IVUS images in 3D space, the actual puliback path has to be 
recovered from the biplane angiograms as accurately as possible. 
20 Thus, the puliback paths in the biplane angiograms are preferably determined 

in first and second images acquired at the beginning and at the end of the puliback 
with the ceiiterline of the IVUS catheter used as the puliback path. . The second 
biplane angiogram taken at the end of the puliback at the same heart phase would be 
pf additional value since it shows the final position of the transducer and allows 
25 comparison between reconstructed and measured puliback length. In cases where the 
IVUS catheter is not present or identifiable in the angjograms^ the luinen centerline 
may be taken as a less accurate fallback solution. Alternatively, the puliback path can 
be determined in a sequence of biplane angiograms recorded over the entire IVUS 
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catheter pullback length that directly follow the location of the transducer. However, 
reconstructing the transducer path from dynamic biplane angiograms recorded during 
the entire puUback disadvantageously increases the radiation dose for both the patient 
and the laboratory personnel and requires additional Work during image acquisition 
and reconstruction. Further, the accuracy gain reported for in-vitro settings is 
impeded by heart motion, patient movement, and breathing in a clinical setting. 

Further, the pullback path can be reconstructed directly using the IVUS 
- catheter's shadow in the angiograms, or indirectly via the lumen catheter within the 
dye-filled coronary vessel lumen as shown in Figure 6. Note the shortcuts taken by 
the catheter in Figure 6. However, not always is the IVUS catheter available or visible. 
Sometimes, the IVUS catheter shadow is overshadowed by the contrast agent, Or it 
might not even be present in the angiograms (e.g., if one wants to combine IVUS. 
images and biplane angiograms from separate studies). 

In these cases, the lumen centerline is a less accurate but available approximation 
of the pullback path. Then, the IVUS frames are oriented with their lumen centroids 
perpendicular to the biplane reconstructed 3D lumen centerline: This approach can 
be related art automated vessel contour detection methods, which are known to one 
Of ordinary skill in the art; However, as shown in Figure 7B, the IVUS catheter 222 
including a transducer 702 and a sheath 704 tends to take a position of minimum 
bending energy inside a tortuous vessel. As shown in Figure 7A, the second derivative 
r" of the 3D curve representing the catheter 222 is one parameter which describes 
curvature and Can be merged with internal energy information to determine feasible 
catheter positioning of the line object. When the transducer 702 is pulled back during 
image acquisition, the lumen centerline shown as a dotted line in vessel lumen 706 in 
Figure 7B can deviate in position and direction from the actual pullback path. An 
angular error occurs whenever the catheter centerline is off the lumen centerline, and 
the length of the reconstructed lumen centerline exceeds the length of the actual 
pullback path. From step 404, control continues to step 406. 
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In step 406, calculation of the catheter twist is performed. In calculating the 
catheter twist, the radial twist of the IVUS catheter during pullback is derived from 
the 3D pullback path. The overall rotational orientation is obtained from anatomic 
landmarks (e.g., vessel bifurcations) and the eccentricity of the catheter in the IVUS 
pullback images. Longitudinal catheter twist is systematic inter-frame distortion that 
affects the rotational orientation of the IVUS frames along the pullback path.. As a 
result, coronary plaque may be, for instance^ reconstructed at the innerside of a vessel 
bend while it is actually located at the outer bend with different hemodynamic 
consequences. Systematic catheter includes catheter twist caused by heart motion and 
breathing as well as catheter twist that is induded by the tortuosity of the pullback 
path. The influence of heart motion and breathing in an in-vivo setting may be largely 
suppressed by gated image acquisition as shown by Figure 8. Further, a sheathed type 
of catheter efriployed offers good positional stability in an in-vivo coronary system 
as judged from ECG-gated biplane angiograms. 

By incorporating ECG-gatirig, a time window 800 of minimal heart motion can 
be determined and obtained from the IVUS pullback images. As shown in Figure 8, 
left atrial, aortic and left ventricular pressure pulses are correlated in time with aortic 
ventricular volume, heart sounds, venous pulse, and electrocardiogram for a complete 
representative cardiac cycle. However, implementing the ECG-gated approach can 
limit the number of available images from the IVUS pullback images. 

As the catheter is pulled back along a nonplanar 3D path,; the rotational 
orientation of the IVUS catheter/images depends on the previously traversed 
trajectory. This effect is illustrated in Figure 9 for a pullback along the edges of a cube 
assuming a catheter with a torsion-free drive cable and obeying the laws of differential 
geometry. As the catheter is pulled back, the local "upright" orientation of the 
transducer (indicated by short vectors) may change within the global coordinate 
system whenever the IVUS transducer enters a new plane iri space, For the solid 
pullback path 902> the initial orientation at the beginning of the pullback (point A) is 
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rotated by 180° at the end of the pullback (point B) ; If the IVUS transducer follows 
the dashed pullback path 904 trajectory, however, the final orientation equals the 
initial one (Point A). 

The tortuosity-induced catheter twist shown in Figure ? can be determined 
from the reconstruction pullback path. As shown in Figure 10, for the first five points 
Po,...,P 4 , the 3D reconstructed polygon representing the pullback path is triangulated 
always taking three consecutive points P t , P j+1 , P i+2 at a time. The IVUS images i and 
i + 1 are located halfway between P;, P i+1 , P i+2 at points S r = (Pj + P i+l )/2 and S Ul = . 
(Pi-i t P i*2 /2 - The images are perpendicular to the tangent vectors t ; = P i+ j ^P- and 
ti+i - Pf+i* The orientation of IVUS images i + 1 is determined from the already 

known orientation of image i by the following inductive method: . , 

1) . The center of the circumscribed circle of the triangle defined by T ; (P;, 

Pi+i> 1S determined as the intersection of the pe^ 
of the tangent vectors t- and t i+1 ; 

2) The orientation of image i +. 1 is determined by rotating image i around 
the normal vector :n ; - t, k.v 2 ^. oi the tn^^e%i- 2nd ^ 

3) The center of image ./ + 1 is shifted to tangent vector t i+1 since the 
perpendicular bisectors are generally not equal in length. 

The 3D reconstructed pullback path P Q ,.; M P< is preferably approximated by a 
sequence of adjustable 3-point Bezier curves. From step 406, control continues to step 
408. • .;■ , , ; • • • . ; . - ; 

In step 408, mapping is performed. In. mapping, a discrete 3D data volume 
(voxel cuboid) is generated, and the IVUS images are mapped perpendicular to the 3D 
pullback path. The spacing of the images is defined by the pullback speed, The 
rotation angle between adjacent images and the overall rotational orientation is given 
by the result of step 404, reconstruction of the 3D puiiback path. From step 408, 
control continues to step 4 id. 
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In step 410, interpolation is performed. In the interpolation* first biplane 
reconstructed 3D polygon representing the lumen centerline is approximated by a 
sequence of 3-point Bezier curves with repetitive center points. Second, borders 
between lumen- plaque, vessel wall, and adventitia are interpolated between 
5 consecutive 2D-IYUS slices. Third, interpolated cross-sectiorial IVUS slices are swept 
along the Bezier-approximated vessel centerlines to produce the 3D vessel 
reconstruction. 

The 3D reconstructed lumen centerline- polygon resulted in problematic 
representations, and in particular, in problematic representations at '. locations 

10 approaching and approximating vertices between linear segments. While positioning 
of the FVUS slices in the vertex area appeared to be a local distortion that could be 
overcome by local approximations, the invertbrs determined that a local average such 
as a moving average filter did riot represent the behavior of the catheter 222. The local 
.behavior in the area of the -vertices was determined -to be representable by a global 

15 approximation of the behavior of the entire line object. Thus, the global 
approximation of the internal. energy of the line object represented the behavior of 
. the catheter better than local smoothing methods. Accordingly, the 3D reconstructed 
lumen centerline polygon is approximated by a sequence of 3-point Bezier curves with 
Repetitive center points iri order to provide a smooth and differentiate centerline 

20 representation 1106 as shown in Figure LL The i-th Bezier curve segment b; k (w) and 
the first derivative of the i-th Bezier curve segment with parameters w e [0,1], starting 
point Sj « (Pj + P i+ i)/2, endpointS i+ i « (P^ i Pi t z)/2, and control point P i+ , with k 
repetitions is. described by as fpUowst 
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[l-w k+2 -(l-w) k+2 F i+I + 

w k+2 s i+1 

b' iJt (w) = -(k+2)(l-W) k+1 Si + . 

, (k+2)[(l-w) k+l , w k+1 ]P i+1 + 
(k+2)w k *'S i+1 . 

• Advantageously, the Bezier curves can be adjusted to a. desired degree of 
accuracy through repetition of the: inner control point. Thus, the Bezier curves 
increase the efficiency of the designated vessel centerline determination. Figure 11 
shows Bezier curves with control points (0,0), (1,1), (2,0). and k= 0,1,2 repetitions of 
point (1,1). As shown in Figure 11, with just one repetition (k = 1), the polygon 
through the control points (solid line) is better approximated by a Bezier curve 1106 
than by a cubic spline i l04 (dotted line). .Further, the Bezier curves allow the Small 
number of ECG-gated IVUS slices to accurately determine the designated vessel 
centerline determination. 

The interpolation between two consecutive segmented IVUS slices are carried 
out in a polar coordinate system. The borders between lumen, plaque, vessel wall, and 
adventitia are transformed into a signature (e.g.,: angle-distance representation) with 
reference to the vessel centrbid.. Unknown signatures Ipcated between two given bnes 
are interpolated through weighted averaging. In. the signature Space, a twist of an 
IVUS slice corresponds to a cyclice shift of the respective signature. Finally, the 3E) 
reconstruction of the designated vessel is generated by sweeping the interpolated IVUS 
slices along the Bezier-approximated lumen cehterhnes. 

Thus, gaps between adjacent IVUS slices are filled using a fast spline-based 
interpolation algorithm. The interpolation is especially adapted to the application 
domain and differs from Standard interpolation approaches in how corresponding 
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image points are detected and utilized in the interpolation process. Catheter twist 
results and 3D catheter trajectory are considered From step 410^ control continues 
to step 412. 

In step 412, rendering is performed. In rendering, the voxed cuboid 
representing the 3D vessel rieconstruction is rendered interactively. From step 410, 
control continues to step 414, where control returns to step 314. 

The correctness of the twist calculations using the preferred embodiments of the 
apparatus and method for determining 3D representations of tortuous vessels was 
validated using two helical vessel phantoms as shown in Figure 12. A latex half tube 
1202 was wrapped around a cylinder 1204 of 30 mm in diameter to form a helical 
pullback path. A short helix 1210 had a displacement of 40 mm per revolution and a 
pullback length (measured and calculated) of 105 mm. A long helix 1220 had a 
displacement of 80 mm (twice as much) with a pullback length of 126 mm. Both 
setups were immersed into water at body temperature and the catheter sheath was 
flushed periodically to remove air bubbles. A catheter including transducer 1206 was 
withdrawn at approximately constant speed showing a cros^-section view of the latex 
half tube and the attached cylinder wall. Catheter twist was determined by measuring 
the rotational orientation of the cylinder wall in the IVUS pullback images. 

The observed twist of the IVUS catheter was exactly as predicted in computer 
simulations. Computer simulations for two helical pullbacks of two full revolutions 
shown in Figure 13 were defined by two concentric 3D polygons within a unit cube 
of arbitrary units (a.u.). The number of line segments per polygon were varied 
between 8 and 128 to study the error introduced by sampling. As shown in Figure 13 
for the polygons with . 3 2 line segments, both helical pullbacks had the same 
displacement per revolution (0.4 a.u.) but 6ne helix had twice the diameter (0.8 a.u.) 
of the other. As shown in Figure 14 in the short helix 210, the catheter twisted 
continuously during ; pullback by about 110° and in the long heiix by 220° (i.e., twice 
as much). The overlaid lines in Figure 14 facilitates the measurements. 
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Both helices were approximated by regular polygons of 4, 6^ 8, 12, 16, 32, 48 
and 64 : line segments per revolution and the catheter twist was calculated using our 
sequential triangulation method. In Figure 13, the triarigulation-based twist is 
compared with the values derived by differential geometry (solid lines) for the wide 
helix (below) and the narrow helix (above) for the different levels of sampling 
accuracy. Our sequential triangulation method overestimates the analytically derived 
torsion by less than 3% (dotted lines) if the helices are approximated by polygons of 
16 of more line segments per revolutions; the overestimation is less than 1% for 
polygons with 24 or more line segments. To visualize the twist of the catheter during 
pullback, the polygons of Figure 13 were approximated by Bezier Curves along which 
a half-circular cross sectipn was swept. A shaded Surface representation of the twist 
of the catheter during pullback is shown in Figure 15; 

The linear twist pattern predicted for helical pullbacks agreed well with the 
twist of the IVUS catheter actu^ly measured in pullback images obtained in helical 
vessel phantoms. The amount of twist, measured in the phantoms was however 
overestimated by the mathematical model by about 1% per cm pullback length. In 
general, the rate of catheter twist during pullback is determined in a nonlinear way by 
the ration between the displacement per revolution and the diameter of the helix. 
Increasing the displacement per revolutibn while keeping the diameter constant 
increases the rate of twist. The same effect results from decreasing the diameter while 
keeping the displacement per revolution constant. In addition, the twist of the 
catheter increases linearly with the length of the pullback. 

The preferred embodiments were used for in-yitro imaging of pig hearts. A 9-in 
field of view (FOV) was used for image acquisition. For registration of geometric 
image distortion, 8-point grids were fixed iii front of both image intensifies after being 
centered and adjusted vertically with a level (the grid points are visible in Figure 6). 
The biplane gantry was set to the posterior-anterior/lateral projectibn again utilizing 
a level. The frontal and lateral system were adjusted to a common isbcenter using a 
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wooden calibration ball (85 mm diameter) that was required to be projected to the 
center of the grids at both image intensifiers. From this point on, only the source- 
image intensifier distance (SID) was allowed to change; for each biplane recording, the 
SID was measured manually with a ruler. 

A tortuous coronary artery of a cadaveric pig heart was catherized and 
pressurized with 0.9% saline at about 100 mmHg. The pig heart was immersed into 
a cylindrical container (100X200 mm) filled with warm water at body temperature. 
The IVUS catheter was inserted into the coronary, artery and advanced into position 
under fluoroscopic control with help of a guidewire, After removing the guidewire, 
diluted contrast agent was injected into the coronary artery and the pig heart was 
recorded for 3-5 seconds on biplane ciiie. film; The IVUS catheter was pulled back 
manually at approximately constant speed of lmm/s. The acquired IVUS images were 
recorded on S-VHS videotape together with real-time clock data. The starting and 
stopping time of the pullback was protocoled. A second biplane angiogram was 
recorded on cine film showing the final position of the IVUS catheter. 

The proposed method for geometrically correct 3D reconstruction of coronary 
arteries based on biplane angiography and IVUS puUbacks has been applied to five 
(two left, three right) tortuous coronary vessel segments in three cadaveric pig hearts. 
None of the vessels examined so far showed signed of atherosclerosis, 

One setup allowed the identification and 3D reconstruction of the IVUS 
ratheter centerline in the biplane angiograms (lateral view shown in Figure 6). The 
IVUS catheter was withdrawn over a length of 145 mm/ The reconstructed length of 
the pullback was slightly longer (146.6 mm) presumably due to small amounts of noise 
remaining after polygon smoothing. A perspective view of the angiograms and the 
reconstructed catheter centerline is shown in Figure 16 generated by a VRML (Virtual 
Reality Modeling Language) scene description of the cadaveric pig heart setup. The 
orientation of theTVUS images along the pullback path is indicated by short vectors 
as derived by pur sequential triangulatiori method. The world coordination system 
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has its original at the ispcenter of the biplane gantry system with one unit of the axes 
corresponding to 10 rrini in the real world. 

Although the ^preferred embodiments of the present invention were described 
using a 3D representation of a tortuous heart vessel, the present invention is not 
intended to be so limited. Alternative combinations of information providing a 3D 
path and information obtained regarding the 3D path through a tortuous vessel can 
also be used. For example, other possible apphcations for the evaluation and diagnosis 
for human or animal treatment can include arthroscopic inspection and surgery. 
Further potential body vessels for Inspected and diagnosed include areas of the brain, 
colon, sinus, etc. . 

In addition, industrial applications such as nuclear power plants or areas where 
a 3D representation of a tortuous vessel, such as a piping assembly for cooling or 
material supply, is known or can be represented In this case, information regarding 
the interior of the piping assembly or the like requires accurate 3D representation. 
However, only indirect information regarding the interior of the piping assembly can 
be obtained. For example, indirect information can be obtained using a probe, a 
remotely controlled robotic object or the like inserted inside the piping assembly to 
retrieve information regarding the piping assembly, deposits on the piping assembly 
or the like. As shown in Figure 17* a piping assembly 1702 has a predetermined 3D 
path, In addition, a probe 1704 having a representable internal energy can be inserted. 
As discussed in detail above, the 3D path of the probe, (external energy) and the probe 
1704 itself (internal energy) will affect, data fusion between information regarding the, 
inside of the piping assembly. 1702 and its 3D path: In this case, the probe 1704 can be 
a fiber optic cable including a optical sensor that actively or passively generates 2D 
image information (e.g., deposits, corrosion, reflected light, Doppler effects or the like) 
regarding the interior or portions of the interior of r the piping assembly over a 
pullback path. Alternatively, the probe could be an ultrasound sensor, a magnetic 
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sensor or an infrared sensor for cross-sectional temperature representations and 
evaluation. - 

Three-dimensional reconstruction based on data fusion biplane angiography and 
IVUS pullback imaging provides useful additional information about the tortudsity 
of any examined coronary artery and the longitudinal twist of the IVUS catheter 
during pullback. Both factors strongly influence the reconstructed shape and location 
of a coronary lesion arid , thus may have an impact on the diagnostic/therapeutic 
judgment. 

An important advantage of our approach to catheter twist calculation is the 
establishment of a positional and rotational relationship between the pullback images. 
If single images in the pullback sequence are rotationally adjusted by anatomic 
landmarks (e.g., vessel bifurcations visible in both angiography and IVUS) the 
orientation of the remaining frames is fixed (single landmark) or may be interpolated 
(multiple landmarks). Thus, local knowledge about orientation of TVUS images 
propagates across the entire pullback. 

Beneficially, the result using the preferred embodiments depends in a 
continuous way on the detected borders both in the angiograms arid the IVUS images. 
Further, the geometric ambiguities inherent in angiographic projections are accounted 
for. 

The minimally disturbing arid largely automated protocol for image acquisition 
and subsequent processing operates well in a clinical setting. Further, luminal 
morphology and mural pathology are displayed simultaneously. The spatial 
distribution and location of plaque within atherosclerotic cdronaries is reconstructed 
correctly. This allows for a better planning, guidance, and assessment 6f therapeutic 
interventions, as well as a better estimation of the actual flow pattern characteristics. 

The foregoing embodiments are merely exemplary and are riot to be construed 
as limiting the present invention. The present teaching can be readily applied to other 
types of apparatuses. The description of the present invention is intended to be 
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illustrative, and not to limit the scope of the claims. Many alternatives, modifications, 
and variations will be apparent to those skilled in the art. 
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WHAT IS CLAIMED ™ 

1. An apparatus for determining three dimensional representations of a 
tortuous vessel, comprising: * ■ f 

an external information processing unit for receiving a first set of images 
of a line object in the tbrtuous vessel, determining external energy information of said 
first set of images and outputtirig said external energy: information; 

an internal information processing unit for receiving internal 
information related to the line object, determining internal energy information of the 
line object and oiitputting said internal energy information; 

a 3D pullback path determination unit for receiving said external energy 
information and said internal energy information and determining a 3D pullback path; 
and 

means for receiving said 3D pullback path and for calculating three 
dimensional representations of the tortuous vessel based oh said 3D pullback path. 

2. The apparatus according to claim 1, wherein the external information 
processing unit receives the first set of images of the line object in the tortuous vessel 
from at least one of a biplane angiographic unit and an intravascular ultrasound 
imaging unit, and wherein the line object is a catheter. 

3.. ; The apparatus according to claim 1, wherein the external information 
processing unit determines the external energy information based on at least one of a 
plurality of 2D cross-sectional images of the tortuous vessel and multiple projection 
images with prescribed epipolar geometry of the; tortuous vessel. 

4. The apparatus according to claim 1, wherein the internal energy 
information represents physical properties of the line object. 
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5. The apparatus according to claim 1, wherein the internal information 
processing unit receives internal information including at least one of modulus of 
elasticity, cross-sectional shape, diameter, wall thickness, stiffness, and minimum bend 
radius. 

6. The apparatus according to claim 1, wherein the internal information 
processing unit determines a 3D representation of the line object, 

7: . The apparatus according to claim 1, wherein the means for receiving and 
calculating comprises: 

a catheter twist determination unit; 
a correlation determination -unit; and 

an interpolation unit that uses Bezier curves to determine the three 
dimensional representations of the tortuous vessel between specifically determined 
positions.. • - ., 

8. The apparatus according to claim 1, wherein the means for receiving and 
calculating receives 2D representations of the interior of the tortuous vessel at a 
plurality of points along the 3D pullback path, 

9. The apparatus according to claim 1, wherein the means for receiving and 
calculating comprises a calculation unit that determines with adjustable accuracy the 
three dimensional representations of the tortuous vessel between specific positions; 

10. A method for determining three dimensional representations of a 
tortuous vessel, comprising: 

determining external information of the tortuous vessel; 
determining internal information of a line object sensor; 
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determining a 3D pullback path of the line object sensor based on the 
external information and the internal information; and 

calculating three dimensional representations of the.tortuous vessel based 
ori the 3D pullback path. *- 

11. The method of claim 10, wherein the determining external information 
step comprises: 

receiving a piurahty of 2D representations of cross-sectional information 
along the pullback path; arid 

receiving at least one set of multiple 2D projection images with 
prescribed epipolar geometry of the tortuous vessel. 

12. The method of claim 11, wherein the 2D representations of cross- 
sectional information are obtained using an intravascular ultrasound imaging unit, 
wherein the at least one set of multiple 2D projection images with prescribed epipolar 
geometry are initial aind final images of the line object. sensor in the tortuous vessel 
obtained using a biplane angiographic unit. 

13. The method of claim 11, wherein the at least one set of multiple 2D 
projection images with prescribed epipolar geometry includes an initial position of the 
line object sensor in the tortuous vessel, and wherein the 2D cross-sectional images 
include at least one of lumen* plaque, wall arid adventitial 

14. ' The method of claim 10* \yhereiri the determining a 3D pullback path of 
the line object sensor step comprises: 

constructing a 3D cost volume based on the external information of the 
tortuous vessel; aind 
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constructing a 3D representation of the line object sensor based on the 
internal information of the line object sensor; and 

determining a low cost path of the line object sensor through the 3D cost 
volume. ■■/.-.> 

15. The method of claim 10, wherein the determining a 3D pullback path of 
the line object sensor step comprises: 

determining 3D volume representation of the external information; and 
determining optimal location of a representation of the line object sensor 
in the 3D volume representation. 

16. The method of claim 10, further comprising: 

determining a 3D volume representation of the external information; and 
determining a low energy location of a 3D representation of the line 

object serispr in the 3D volume representation. 

determining total internal energy of the line object sensor in the low 

energy location. 

comparing the total internal energy of the line object sensor to a 
threshold; and 

modifying the 3D volume representation and repeating the determining 
a low energy location through comparing the total internal energy steps when the total 
internal energy level is greater ^ than the threshold. 

17. The method of claim 10, whereiri the calculating three dimensional 
representations of the tortuous vessel step comprises: 

determining a centerline of a plurality of 2D cross-sectional images of the 
interior of the tortuous vessel; and 
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using global smoothing characteristics to perform local smoothing of the 
three dimensional representations of the tortuous vessel between points mapped to the 
2D ceriterline. 

18. The method of claim 17, wherein the global smoothing characteristics 
include variable levels of interpolation based on Bezier curves. 

19. An apparatus for determining three dimensional representations of 
tortuous Vessels, comprising: 

a sensor having a 3D representation of internal energy; 

an external information processing unit that determines a 3D 

representation of external information of the designated tortuous vessel; 

a 3D pullback path determination unit that selects a 3D pullback path of 
the sensor through the designated tortuous vessel based On the 3D representation of 
external information of the designated tortuous vessel and the 3D representation of 
internal energy of the sensor; and 

a 2D sensing unit that uses the sensor to acquire 2D representations of 
the interior of the designated tortuous vessel at a plurality of points along the selected 
3D puilback path, wherein the 2D representations of the interior are mapped 
perpendicular to the. 3D pullback path of the sensor through the designated tortuous 
vessel to determine a 3D representation of the designated tortuous vessel. 

20. The apparatus of claim 19, further comprising: 

a line object input processor that determines the 3D curve representation 
of internal energy of the sensor based on at least one of prescribed properties of the 
sensor and a prescribed set of received physical features of the sensor; and 
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a projection unit for acquiring a plurality of 2D projections of the sensor 
in a designated tortuous vessel, wherein each of the plurality of 2D projections has a 
prescribed geometry, wherein the external information processing unit that determines 
the 3D representation of the external information of the designated tortuous vessel 
based on the plurality of 2D projections- 
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